We address the issue of the scaling behavior of the nucleon electromagnetic form factors (FFs). We propose a consistent Lagrangian of the electromagnetic N∆ (1232) 
Introduction
The high-Q 2 scaling laws are believed to be firm and well understood predictions of perturbative QCD (pQCD) in the physics of the nucleon form factors (FFs) [1, 2, 3, 4, 5] . At the experimentally accessible energies, however, the asymptotic scaling behavior of the FFs seems not to be apparent. For instance, the measurements of the electromagnetic ratio R EM (Q 2 ) of the ∆(1232) resonance [6, 7, 8, 9, 10, 11, 12, 13, 14] indicate that it remains to be small and negative up to the momentum transfer Q 2 = 7 GeV 2 , which disagrees sharply with the pQCD scaling R EM (Q 2 → +∞) = +1 [16, 17] . It is possible that the transition to the scaling may not occur up to extremely large momentum transfers Q 2 ≫ 20 GeV 2 [18, 19] . On the other hand, it is a well established experimental fact that the ratio of the elastic nucleon FFs does exhibit the QCD scaling behavior at Q 2 0.5 GeV 2 , while the Dirac and Pauli FFs in themselves do not [20, 21] . In what follows such Q 2 -evolution-the scaling behavior of the ratios of the FFs, providing that the FFs do not reach asymptotic scaling regime-is referred to as a quasiscaling behavior of the FFs.
The basic question considered in this Letter is whether the quasi-scaling behavior is a universal feature of the nucleon electromagnetic FFs or a peculiarity that is specific to the elastic FFs. If the former option is correct, it will provide an important meeting ground between pQCD and experimental physics. By phenomenological analysis we find that the hypothesis of the quasi-scaling does not contradict the experimental data available in the first and second resonance regions. In this short Letter we confine ourselves to the case of the nucleonto-∆(1232) transition FFs, since these quantities are the most extensively measured nucleon FFs, except for the elastic ones.
The quasi-scaling fits to the data on the pN * (1440), pN * (1520), and pN * (1535) transitions will be given in a separate paper. To investigate the Q 2 -evolution of the N∆(1232) FFs, we treat the resonance ∆(1232) as an effective Rarita-Schwinger (RS) field Ψ µ [22] (Hereafter we omit the spinor indices.) However, effective field theory of the nucleon electromagnetic FFs involves a problem to be resolved, before the rate of the transition to pQCD behavior of the FFs can be assessed. The problem is to specify the effective baryon-meson vertex for the radiative N∆(1232)-transition. This is of crucial importance, since the vertex determines relations between experimentally measurable helicity amplitudes A (Q 2 ), A = A 3/2 , A 1/2 , S 1/2 -counterparts of the elastic Sachs FFs-and a set of the transition FFs F f (Q 2 ), f = 1, 2, 3 that are free of kinematic factors,
The relations (1) comprise two types of Q 2 -dependent functions. The functions of the first type are the transition FFs F f (Q 2 ) to be evaluated in QCD or phenomenological approaches. The second type is kinematic factors that are specified by defining the effective vertex of the N∆-interactions with photons and vector mesons. Thus, the physical meaning of the FFs can depend upon the definition of the vertex, since different relations (1) (Q 2 ) acquire the asymptotic statuses of the corresponding amplitudes-the FF of the processes without quarkhelicity flips, with one helicity flip, and with flips of two quark helicities. Besides, this guarantees that the high-Q 2 behavior of the amplitudes predicted by pQCD [16, 17, 25] is achieved by simple power-law evolution of the FFs,
for some particular values of the exponents n f and p f . The effective N∆-vertex, however, is not as easy to define as in the elastic case. So far, several attempts have been made to fix the vertex. The first and most popular one [26, 27] is based upon the considerations of simplicity. It results, however, into a number of mathematical pathologies, i.e., such interactions invoke unphysical lower-spin states of the RS field, if it is off its mass shell [28, 29, 30] . Fortunately, this and other inconsistencies can be remedied in an elegant way, if we require the invariance of the vertex under gauge transformations of the RS field [30, 31] . Thus any consistent decomposition should be gauge invariant. However, the most general GI decomposition [31] allows for many possible structures. In this sense, although applying strict constraints on the form of the vertex as it is, the requirement of the gauge invariance still leaves much unphysical redundancy in the general decomposition of the N∆(1232)-vertex. This brings up the question, Can we impose on the gauge invariant N∆(1232)-vertex such additional symmetry conditions that will postulate it uniquely, give us a set of the FFs satisfying the requirements in the domain of high-Q 2 , and do not contradict the experimental data? We should also note that there is an example of such a theorythe elastic γ * NN-vertex [23, 24] is determined uniquely by the electromagnetic gauge symmetry 1 . In this Letter we propose the effective vertex of the electromagnetic N∆(1232)-interactions possessing all the internal symmetries of the free RS field. We find that these symmetries allow us to constrain the tensor-spinor structure of the vertex and to provide a new set of the transition FFs which is defined unambiguously by the requirements of the symmetry and locality. After the problem of constructing the Lagrangian is solved, the hypothesis of the quasi-scaling can be assessed. We observe that the transition FFs introduced here may exhibit the quasi-scaling behavior. This hypothesis is in good agreement (χ 2 /DOF = 1.03) with the existing data down to as low as Q 2 ≈ 0.4 GeV 2 . All possible decompositions of the N∆(1232)-vertex are equivalent on the mass shell of resonance up to a linear redefinition of the FFs F f (Q 2 ). It can be expected that the quasiscaling is present in all the models. Thus, it is interesting to compare the quasi-scaling in the model developed here and in the popular ones discussed in the literature [26, 32] . We find that the hypothesis of the quasi-scaling of the FFs ratios in the non-gauge-invariant model [26, 33] is in much poorer agreement with the data. In the same time, the gauge invariant FFs of Ref. [32] can not exhibit the quasi-scaling, only some linear combinations thereof could.
The remainder of this Letter is organized as follows. In Sections 2 and 3 we develop a phenomenological vertex for the electromagnetic N∆(1232)-interactions. The Section 4 reviews the vector-meson-dominance model of Ref. [33] . In Section 5 we contrast our model with the experimental data on the Q 2 -dependence of the N∆(1232)-transition and test the hypothesis of the quasi-scaling behavior of the transition FFs. In Section 6 the quasi-scaling behavior of two popular FF sets is discussed. Finally, Section 7 is a summary of our main results and conclusions.
Internal symmetries of the ∆(1232)
Comprising redundant degrees of freedom (DsOF) as it is, the RS field possesses peculiar internal symmetries [22, 34] . The symmetries are inextricably linked to the constraints that are imposed on the reducible RS field in order to eliminate spurious DsOF [31] . The free-field constraints can be written in a manifestly covariant form as ∂ µ Ψ µ = 0 = γ µ Ψ µ [22] . Such simple structure of constraints is generated by a one-parameter equivalent class of the free-field Lagrangians [35, 34] 
where λ 1 2 is a complex parameter. The equivalent class (3) of the free-field Lagrangians (not a Lagrangian for any λ 2 ) is invariant under the point transformations of the RS field, [34] . The point transformations form a nonunitary symmetry group and shift the value of the Lagrangian parameter from λ to λ ′ . Besides, in the massless case, the Lagrangian is invariant under the local gauge transformations, Ψ [22, 34] . Both the point and gauge transformations act only on the lower-spin components of the reducible RS field. Since such mixing the lower-spin components has nothing to do with the physics of the baryon resonances, it is suggestive that the interacting RS field should possess all the same symmetries as the free field. However, in the presence of interactions, the symmetries of the free RS field can be broken, which modifies covariant constraints and may result in different pathologies [28, 29, 30] . To prevent such inconsistencies is possible, if we require the invariance of the interaction Lagrangian under the gauge transformation of the RS field [30, 31] . The gauge invariant (GI) interactions, however, modify the free-field constraints making them nonlinear in the field operators [30] . Besides, the general GI decomposition of the NR-Lagrangian contains a great variety of couplings, the necessary three being chosen at will [30, 31] . It is of interest to study a more simple and constrained case of the interactions described by the vector-spinor currents J µ satisfying the conditions of p-and γ-transversality,
In other words, we suggest synthesizing the ideas expressed earlier by Peccei [38, 39] and Pascalutsa [30, 31] . We consider the interaction Lagrangians that are invariant under both the point and gauge transformations of the RS field. Such point and gauge invariant (PGI) interactions preserve the structure of the free-field covariant constraints ∂ µ Ψ µ = 0 = γ µ Ψ µ and, therefore, lead to the first-order Dirac-like field equations i∂ − M Ψ µ = J µ . As a consequence, the PGI interactions involve correct number of DsOF. Besides, they do not introduce the off-shell parameters, nor arbitrary or fixed ones. (The problem of the off-shell freedom is reviewed in Refs. [36, 37] .)
PGI N∆-Lagrangian. Helicity amplitudes
The general GI γ * N∆-Lagrangian is a sum of the invariants
. . is a photon or vector-meson field strength; Γ µνλσᾱβ is a tensor spinor coupling antisymmetric in the indices µ, ν and λ, σ;ᾱ andβ are multi-indices, the number of the indices therein being 2 less than the differential order of the Lagrangian term. The point invariance constrains the coupling tensor spinors by the condition of γ-transversality, γ µ Γ µνλσᾱβ = 0. This condition provides us with a classification of the FFs by the differential order of the Lagrangian. The classification turns out to be naturally consistent with pQCD-inspired classification in terms of the quark-gluon subprocesses.
In the first permitted differential order there is just one term I 1 =Ψ µν Γ µνλσ NV λσ in the Lagrangian, with the tensor spinor coupling being specified as
Hereσ µν = In the PGI model the tensor spinor (4) is a factor of all the couplings permitted by the symmetry. The second differential order introduces two independent invariants I 2 = iΨ µν,ω Γ µνλσ γ ω V λσ N and I
The latter one, however, is equal to I 1 up to a nucleon mass, if the nucleon is on-shell. Thus, the Lagrangian of the second differential order is also defined unambiguously. The invariant I 2 relates baryon fields of the same chirality, and at high Q 2 the corresponding FF describes the processes conserving quarkhelicities.
The third permitted differential order generally contains five independent invariants describing the asymptotic processes with quark-helicity flips. However, the four terms can be reduced to I 1 and I 2 in the fashion described above.
Finally, the simplest minimally nonlocal PGI Lagrangian of the electromagnetic N∆(1232)-interactions can be written as follows
The helicity amplitudes for the electroproduction of the ∆(1232) resonance on the mass shell calculated using the PGI Lagrangian (5) are
where
, f = 1, 2, 3 are the point and gauge in-
Other on-shell observables are expressed in terms of the helicity amplitudes (6)- (8) . In particular, the magnetic FF [26] and the ratios R EM and R SM of the electric and Coulomb quadrupole moments to the magnetic dipole one are written as
It is important to emphasize that the Lagrangian (5) is the most general one which is consistent with the considerations of symmetry and locality. All other point and gauge invariant tensor spinor Lagrangian kernels do not affect the kinematic Q 2 -factors in the helicity amplitudes (6)-(8), while might produce nonlocal corrections to the FFs F f (Q 2 )
FFs as dispersionlike expansions
Within the vector-meson-dominance (VMD) model [33] , the FFs F f (Q 2 ) are given by dispersionlike expansions
with the poles being at the masses m k of the observed ρ-mesons [8] . At asymptotically high Q 2 pQCD predicts the scaling behavior of the amplitudes to be [16, 17, 25 ]
where ℓ = ln (Q 2 /Λ 2 ) and n 2 − n 3 ≈ 2 [25] . From Eqs. (6)- (8) and (11) it follows that the high-Q 2 behavior of the FFs is
and n 3 > n 1 . This implies that the FFs
acquire (in the asymptotic domain) the statuses of, respectively, the FF of the processes involving flips of two quark helicities, the non-helicityflip FF, and the helicity-flip FF.
To assure correct high-Q 2 behavior of the dispersionlike expansions of the FFs (10), we assume the following: (i) The Q 2 -dependence of the expansion coefficients is independent of the meson index k, 
Data analysis and the quasi-scaling
The ratios of the PGI FFs F 1,3 /F 2 extracted from the available experimental data [6, 7, 8, 9, 10, 11, 12, 13, 14] on R EM and R SM are depicted in Fig. 1 . Both quantities rise steeply at lower momentum transfers Q 2 < 1 GeV 2 and decrease slightly at higher Q 2 . At first glance, it may seem that this peculiar behavior rules out the inverse-square fall-off of the ratios and, consequently, the applicability of the perturbative scaling at these Figure 1 : FF ratios extracted using Eqs. (5)- (8) from the data on the ratios R EM and R SM . The curves are the quasi-scaling fit to the data at Q 2 = 0.4 − 7 GeV 2 .
momentum transfers. In fact, it is the behavior that corresponds to the scaling Q 2 -evolution of the FF ratios
The aforementioned peculiarities highlight the crucial importance of the logarithmic corrections to the perturbative scaling. We assume that the FF ratios reach asymptotic scaling (13) at Q 2 0.4 GeV 2 . The results of the fit are shown in Fig. 1 . The good agreement with the data (χ 2 /DOF = 1.03) testifies that the hypothesis of the quasi-scaling is adequate to describe the Q 2 -evolution of the ratios R EM and R SM for the N∆(1232)-transition.
It is of interest to prove the consistency of the quasi-scaling with the basic principles of effective field theory. An implication of these principles is dispersionlike expansions of the FFs F f (Q 2 ), the simplest version being given by the VMD model (10) . To fit the experimental data [6, 7, 8, 9, 40, 10, 11, 12, 13, 14, 15] , we adjust the parameters of the logarithmic functions L f (Q 2 ) and the meson-baryon couplings κ k f (0) for the meson spectrum of the PDG review [8] . The ratios of the FFs given by the VMD model (10) are restricted so as not to deviate from the quasi-scaling limit by more than 0.1% at Q 2 0.5 GeV 2 . The Fig. 2 illustrates that the hypothesis of the quasi-scaling is in satisfactory quantitative agreement with both the experimental data and the dispersionlike expansions (10) of the FFs. The overall quality of the fit by Eqs. (6)- (10) is χ 2 /DOF = 1.71. The parameters of the fit are listed in Tab. 1.
To further elucidate the validity of the quasi-scaling, it is necessary to improve the quality of the experimental data base. New experiments should aim at extracting the FF ratios (not simply amplitude ratios), with the emphasis being given to the ratio F 3 /F 2 , which is poorly extracted from the available data. Besides, accurate calculations of the logarithmic corrections to the perturbative scaling become important in the context of the possible quasi-scaling. The fit carried out yields quite large value of the difference n 2 − n 1 = 2.7. However, the logarithmic corrections (n 1 ) to the amplitude A 3/2 have not been calculated in pQCD yet. [6] [7]
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Quasi-scaling in conventional models
Except for the PGI decomposition of the N∆(1232)-vertex, there exists an infinite number of mathematically consistent alternatives of lower symmetry-gauge but non-point-invariant (GI) models, of which the most popular one is the model discussed in Ref. [32] . It can be shown straightforwardly that the FFs introduced here are related to the FFs g A (Q 2 ), A = M, E, C of Ref. [32] by the following relations valid on the mass shell of the RS field,
From pQCD predictions (11) and Eqs. (6)- (8), (14)- (16) it is seen readily that at high Q 2 the FFsḡ A (Q 2 ) cannot be made to scale as different helicity amplitudes. Hence, to comply with pQCD constraints, the FFsḡ M (Q 2 ) andḡ E (Q 2 ) should mix the contributions of different-scale asymptotic quark-gluon subprocesses,
where L i (Q 2 ) are slowly varying functions. This obscures the quasi-scaling behavior of the FFs in the model for two reasons. Firstly, from the above asymptotic relations it is clear that the ratios of the FFs g A (Q 2 ) do not exhibit the scaling behavior analogous to (13), but only some linear combinations thereof do-for instance, the combinations (14)- (16) . Secondly, in the frame of this model any linear combination of the FFs (e.g., g M − g E ) can play the role of the non-helicity-flip FF at high Q 2 as well as any linear combination of the FFḡ C (Q 2 ) and the sumḡ M (Q 2 ) +ḡ E (Q 2 ) can play the role of the FF for the processes with two quark-helicity flips. Thus, in the general case, the condition of gauge invariance does not give a definite interpretation to the FFs in terms of the quark-gluon dynamics. In this sense the requirement of the point invariance is a symmetry condition that excludes such an ambiguity by proving us with a set of FFs that manifestly correspond to different quark-gluon subprocesses in the asymptotic domain.
The simplest way to impose the pQCD constraints on the FFs
The hypothesis of the scaling of the
with the data [6, 7, 8, 9, 10, 11, 12, 13, 14] at Q 2 0.4 GeV 2 with χ 2 /DOF = 1.57 (cf. χ 2 /DOF = 1.07 for the PGI FFs). It suggests that the quasi-scaling behavior is a quite general property of the gauge invariant FFs, although the ambiguity in the definitions of the FFs can obscure the quasi-scaling. The fit results are depicted in Fig. 2 (bottom panel) .
It is interesting that the quasi-scaling of the another popular (non-point-and non-gauge-invariant) choice of the FFs [27, 33] is in much poorer agreement with the data, χ 2 /DOF = 2.58 (The curves are shown in Fig. 2 , the bottom panel.) Perhaps, it emphasizes the importance of the intrinsic spin-3/2 symmetries for constructing the N∆(1232)-interactions.
Conclusion
We have constructed an effective-field model of the electromagnetic N∆(1232)-transition. The interaction Lagrangian of the model possesses the gauge and point invariance of the RS field. This ensures mathematical coherence of the theory and fixes the pre-FF Q 2 -polynomials in the observables at the peak of the resonance.
Within the developed model, a class of observables-the ratios of the helicity-flip FFs to the non-helicity-flip oneexhibits asymptotic scaling behavior at momentum transfers as low as 0.4 GeV 2 . Put in other words, this gives a new interpretation of the available experimental data on quadrupole transitions-though it is widely believed that the applicability of the scaling is ruled out by the data at Q 2 < 7 GeV 2 [13], the data available validate the hypothesis of the quasi-scaling of the N∆-transition FFs. Although our analysis is phenomenological in its character, it poses questions to the underlying theory of the strong interactions-while the scaling of the FFs is well understood as a consequence of the asymptotic freedom, the dynamics leading to the quasi-scaling in the nonperturbative domain of QCD is still to be established both qualitatively and quantitatively. Finally, our results make it important to point out that the approach to pQCD of the N∆(1232) transition should be studied in terms of the vertex FFs F f (Q 2 ) or similar quantities. Such observables as helicity amplitudes, ratios thereof, and others contain kinematic Q 2 -dependent factors that can "disguise" the transition to asymptotic QCD predictions. As has been shown in Section 5,  this is what appears to happen with the ratio R EM (Q 2 , F 1 /F 2 , F 3 /F 2 ) at Q 2 < 7 GeV 2 that is seemingly well out of the domain of perturbative evolution, but, in fact, agrees well with pQCD if the scaling behavior of the point and gauge invariant FF ratios is assumed. On the other hand, to take into account kinematic factors postulated in effective field theory may be essential to achieve quantitative agreement with the experimental data. This can be seen if we contrast our fits with those of Ref. [41] . In Ref. [41] it is suggested that the helicity amplitudes for N∆(1232) transition can exhibit perturbative scaling at moderate momentum transfers. However, although this hypothesis may explain qualitatively the observed Q 2 -evolution of the ratio R EM , it still disagrees with the data quite significantly, which is pointed out in Ref. [6] . As we have seen, this result can be amended if we assume the scaling of the FF ratios (not helicity amplitudes) and correctly take into account kinematic Q 2 -dependence of the amplitudes predicted by effective field theory.
New experimental data from ongoing and proposed experiments will test the proposals of this Letter and are eagerly awaited. A more detailed discussion on the issues of the Letter along with the construction of the Lagrangian (5) and more thorough data analyses will be given in a separate paper.
